The nonlocal Cauchy problem was first considered by Byszewski. In L.Bvszewski [18] In this chapter we will investigate the existence of mild solution for the following first order delay integrodifferential equations with nonlocal conditions 
i) R(t, s) 'is strongly continuous in s and t. R(t.t) = I. the identity operator on X

!|/?(t.i>)|| < is strongly continuous in s,t on X. (ii) R(t.s)Y C Y. Rfit.s) is strongly continuous in s and t on Y. (in) For y G V', R(t. s)y is continuously differentiable in s and t and for < s < t < h dR(t. s) Ot dR{t. s) y = A(t)R(t.s)y+ / H(t.T)R(T.s)A(s)ydT J $ y = -R{t, s)A(s)y -f H(t. t)A(t)R(t
m(t) = max |a/15 k2(t), ki(t, t). I ^ki(t,s)dsŝ
where c = A/i[||x0|| + M2\. has a mild solution on J.
EXISTENCE OF SOLUTION
Proof. Consider the Banach space Z -C(J\X).
We establish the existence of a mild solution of the problem (6.1.1) -(6.1.2) by applying the Schaefer's fixed point theorem. Let as execute a priori bounds for the operator equation.
where <I> : Z -> Z is defined as
from (6.3.1) and (6.3.2) we have I<(s.T.x(a2(T) We shall now prove that the operator T : Z -» Z is a completely continuous operator.Let Br = jx e Z : || x|| < r| for r > 1. We first show that T maps Br into an equicontinuous family. Let x G Br and tx,t2 
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The right hand side is independent of x £ Br and tends to zero as t2 -tx ->■ 0. since tilt compactness of R(t. s) for t, > s, implies the continuity in the uniform operator topology.
Thus T maps Br into an eqnicontinuous family of functions. We also have <&Br is uniformly bounded.
Now we shall prove that <t>Br is compact. Since we have shown that TB, is equicontinuous collection, by the Arzela-A.scoli theorem it suffices to show that T maps Br into a precompact set in X.
Let 0 < t < b be fixed and let e be a real number satisfying 0 < e < t. For x e Bk. we
Since R(t, s) is a compact operator, the set
Yf(t) = : x e B,.}
is precompact in X for every 0 < e < t. Moreover for every x <E Bk. we have s, x{a:{s) ). K{s. r. ,r(cr2(r)))r/r )r/.s; .v{(Ti(s) ).J A'(.s. t. x {a 2(7))) dr
Therefore there are precompact sets arbitrarily close to the set |($.c)(t) : x £ Br j. Hence the set j(T.r)(f) : x £ Brj is precompact in X.
Xow let us prove that T : Z -> Z is continuous. Let jx" j Z with x" -• x in Z.
Then there is an integer q such that ||.r"(f)|| < q for all n and t £ J. Hence xn £ Bq and .r £ Bq. By (//,)
for each t £ J and since. Therefore $ is continuous. Thus the proof of the theorem is completed.
The set Z(<1>) = |.r £ Z : x = AT./'. A £ (0. 1)| is bounded and by Schaefer's theorem the operator <I> has a fixed point in Z. This means that any fixed point of <I> is a mild solution of (6.1.1) -(6.1.2) on J. satisfying (T.r)(f) = x(t). □
